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Motivated in part by experiments performed by M.H. Pan et Al. [1], we have undertaken a
theoretical study of the the magnetic properties of two-monolayer thick Co nanoplatelets with an
equilateral triangular shape. The analysis is carried out using a microscopic Slater-Koster tight-
binding model with atomic exchange and spin-orbit interactions designed to realistically capture
the salient magnetic features of large nanoclusters [2] containing up to 350 atoms. Two different
geometries of the FCC lattice are studied, in which the nanoplatelet surface is aligned parallel to
the FCC (111) and (001) crystal planes respectively. We find that the higher coordination number
in the (111) truncated crystal is more likely to reproduce the perpendicular easy direction found in
experiment. Qualitatively, the most important parameter governing the anisotropy of the model is
found to be the value of the intra-atomic exchange integral J . If we set the value of J near the bulk
value in order to reproduce the experimentally observed magnitude of the magnetic moments, we
find both quasi-easy-planes and perpendicular easy directions. At larger values of J we find that the
easy-axis of magnetization is perpendicular to the surface, and the value of the magnetic anisotropy
energy per atom is larger. The possible role of hybridization with substrate surface states in the
experimental systems is discussed.
I. INTRODUCTION
The magnetic properties of transition metal nanos-
tructures are very distinct from those of bulk materials
[3, 4]. Typically, the magnetic moment is enhanced at
surfaces [5], in ultra-thin magnetic films [6, 7], and in
magnetic nanoparticles and clusters [8, 9, 10, 11], due to
lowered symmetry and reduced coordination at the sur-
face. Similarly, one of the most phenomenologically im-
portant properties of magnetic materials, the magnetic
anisotropy energy (MAE) is considerably altered in sys-
tems of reduced dimensionality. For example, the mag-
netic anisotropy per atom in two-dimensional (2D) mono-
layers is more than one order of magnitude larger than
in bulk [12]. In one-dimensional (1D) magnetic chains
the enhancement is two to three orders of magnitude
[12]. It is therefore reasonable to expect that quasi zero-
dimensional nanostructures, that is to say ultra-small
nanoparticles and nanoclusters, should display even more
strongly enhanced anisotropy and other novel phenomena
[13].
The study of magnetic nanoparticles has a long his-
tory that goes back to the work of Neel [14] and Stoner
and Wohlfart [15]. However, it is only in recent years
that it has been possible to perform experiments on a
single magnetic nanoparticle [16], and to assemble on
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a metal surface monolayer magnetic clusters containing
up to a few tens of atoms [17]. 2D monolayer clusters
of a few atoms deposited on a metal surface display a
giant magnetic anisotropy perpendicular to the surface
together with unusually large orbital moments [12, 17]
which contribute significantly to the total magnetic mo-
ment of the system, unlike in the bulk where they are
almost totally quenched by electron delocalization and
crystal field splitting. Orbital magnetism and magneto-
crystalline anisotropy in solids have their common micro-
scopic origin in the spin-orbit interaction. The enhance-
ment of these two properties in nanoclusters, either free
or deposited on metallic surface [13], is a fundamental is-
sue in the study of magnetism. Several theoretical calcu-
lations based on ab-initio spin-density-functional theory
[18, 19] or tight-binding models [20, 21] have either pre-
dicted or partly reproduced these experimental results.
However a number of important points remain unclear:
for example, how the magnetic anisotropy evolves from
single-atom to bulk behavior; how it is affected by the
atomic magnetic moments, how it depends on the ar-
rangement of the atoms in the cluster and on the surfaces
where the cluster is possibly deposited.
From the point of view of applications, the remarkable
magnetic properties of transition-metal nanoclusters sug-
gest a potential role as units of ultra-high density mag-
netic information storage. Unfortunately, despite their
large anisotropies per atom, these clusters are still super-
paramagnetic at room temperature [32]. Since the total
anisotropy energy scales roughly with cluster size, one
could in principle try to increase the anisotropy barrier
and hence the blocking temperature, by increasing the
cluster size. However, experiment [17] has shown that
the MAE per atom of clusters on metal surfaces quickly
2degrades with the number of atoms.
Recently, the group of M.H. Pan et Al. [1], has created
arrays of self-assembled Co clusters on top of a Si (111)
surface using epitaxial quantum growth techniques. In
order to prevent silicide formation with the Co, the sur-
face is covered with half a monolayer (ML) of Al clusters.
The resulting symmetry of the substrate surface prompts
the growth of 2 ML thick Co clusters with equilateral tri-
angle shapes and distinct quantized sizes with sides equal
to either 2 or 3 times the length of the side of the 7 by
7 Si unit cell - or 5.4 and 8.1 nm, respectively. From
the system symmetry and the measured height of the Co
clusters, we propose that the Co atoms position them-
selves so as to form two FCC (111) crystal planes, with
a modified lattice constant approximately equal to that
of Si.
SQUID magnetometer measurements reveal perpen-
dicular easy directions, and a very high blocking tem-
perature of 40 ± 5 K (corresponding to an anisotropy
energy of 90 meV) and 100 ± 5 K (corresponding to
an anisotropy energy of 220 meV), respectively. Esti-
mating the number of atoms in the smaller and larger
clusters to be 225 and 484 Co atoms each, this trans-
lates to anisotropy energies of approximately 0.40 and
0.45 meV per atom, corresponding to values that are one
order of magnitude larger than bulk estimates (0.04-0.06
meV/atom [22]). The high anisotropy energy of the Co
clusters combined with the Si substrate surface, provides
a material that seems ideal for logical circuits integrated
with ultra-high-density memory.
The purpose of this paper is to investigate theoreti-
cally the magnetic properties of nanoclusters similar to
those considered in the experiment of Ref. 1. Using
a tight-binding model characterized by short range ex-
change and atomic spin-orbit interactions, we have mod-
eled these clusters to shed light on the experimentally
observed magnitude of the anisotropy energy and the per-
pendicular easy directions.
We find that when the intra-atomic exchange con-
stant J (which is a purely phenomenological quantity
in our model) is smaller than 1 eV the magnetic mo-
ment is in the plane of the nanoplatelet. For larger
values of J - between 1 and 1.5 eV - the easy axis of
the magnetization is is predominately orthogonal to the
plane, and the perpendicular anisotropy energy is in the
range of the large values observed in experiment. Associ-
ated and closely connected with the enhanced magnetic
anisotropy, we find that the orbital magnetic moment
is also enhanced and strongly anisotropic, pointing pre-
dominantly in the direction of the easy axis. The stabi-
lization of a perpendicular magnetization orientation by
enhanced anisotropy of the orbital magnetic moment is
likely related to details of the orbital character of states
near the Fermi level.
Our motivation for studying the dependence on J is
that the magnetic properties are governed by the ratio of
J to the d-electron bandwidthWd. Epitaxial registration
of the Co atoms on the Si/Al surface results in clusters
with an effective lattice constant that is larger than that
of bulk Co. This would imply an enhanced value of the
ration J/Wd which we try to mimic by increasing J while
keeping Wd constant. In this paper, besides values J be-
tween 1.0 and 1.5 eV, which we believe describe realisti-
cally our system, we also study the asymptotic behavior
for the non-physical region J > 1.5 eV.
This paper is organized as follows. In section II we out-
line the theoretical model employed in the analysis and
discuss what can and cannot be learned from its out-
put. Section III summarizes the numerical results and
the predictions of our model for the magnetic moment,
the anisotropy energy landscape and the anisotropy en-
ergy per atom as a function of cluster size for two dif-
ferent geometries of the FCC crystal obtained by trun-
cating it along two different crystal planes. In Section
IV we investigate the underlying mechanisms responsi-
ble for the observed magnetic properties by studying the
dependence of the quasi-particle spectrum as a function
of the intra-atomic exchange strength J . We look at the
change in orbital character and in the distribution of or-
bital moments of the quasiparticle eigenstates for increas-
ingly larger values of J Finally, in Section V we summa-
rize our conclusions and suggest an alternative configura-
tion of substrate atoms that might produce nanoparticles
with interesting magnetic properties.
II. THEORY
A. General considerations
Nanoclusters consisting of ferromagnetic transition
metal atoms are characterized by an unbalanced spin
population and a resulting net magnetization. This pa-
per deals with nanoparticles of sizes below the 10 nm
limit, where only a single magnetized domain is observed.
The magnetic anisotropy in small ferromagnetic parti-
cles comes from two distinct sources. Firstly, the long
range magnetic dipole interactions cause a dependence
on the overall shape of the particle. Then, there is the
short range exchange interaction, that via the spin-orbit
(SO) interaction is sensitive to all aspects of the elec-
tron hopping network, causing a dependence on crys-
tal symmetry, facet orientation and particle shape. The
focus of our model is this so-called magneto-crystalline
anisotropy, which is responsible for most of the inter-
esting physics in ferromagnetic particles. The magneto-
static shape anisotropy, due to the magnetic dipole inter-
actions, can be added as a separate contribution when it
is not negligible.
In an infinite crystal, neighbors of a particular site
in the lattice will deform the magnetic electron cloud,
which will therefore reflect the point symmetry of the
atomic position. The SO interaction then couples the
deformed orbitals to the exchange coupled spins. In 3d
transition metals, the outer, partially filled d shells, are
strongly affected by the crystalline environment. Elec-
3tronic structure calculations [23] imply that most of the
anisotropy in this case comes from a competition between
an almost completely isotropic on-site exchange interac-
tion and strong inter-atomic hopping. The role of the
spin-orbit interaction is that of a relatively small pertur-
bation acting as an mediator between the two.
The quenching of the orbitals in a crystalline environ-
ment breaks the rotational invariance at each site, and
the orbitals are not free to orient themselves under the in-
fluence of an external field. As a result, the atomic wave-
functions are now no longer eigenstates of Lz. The new
eigenstates are instead linear combinations for which the
expectation value of Lz vanishes. In 3d transition metals
the crystal field splitting is large and the orbital angular
momentum is small. Complete quenching of the wave-
functions is counteracted by the SO interaction. A micro-
scopic derivation of the magnetic anisotropy in ferromag-
netic materials is highly non-trivial. The most promis-
ing attempts are currently within spin density functional
theory.
In a nanoparticle of finite size, the magnetic anisotropy
is strongly affected by the presence of symmetry break-
ing surfaces. The surface dependence is sensed through-
out the system by shape dependent inter-atomic electron
hopping paths. In nanoclusters, the anisotropy is there-
fore expected to be much larger than in the bulk, and to
depend crucially on the particular shape of the particle.
These properties have been confirmed for Co nanoparti-
cles [16].
B. The model
To construct an effective spin Hamiltonian that de-
scribes the exchange interaction in transition metals, we
employ a tight-binding model devised by A. Cehovin et
Al.[2]. The aim of this model is to capture generic fea-
tures of ferromagnetic metal nanoparticles. Our model
Hamiltonian takes the following form:
H = HBand +HExc +HSO +HZeeman (1)
Let’s address each of the terms in (1), starting from the
left. The ferromagnetism of transition metals involves
itinerant electrons, which necessitates the use of band
theory. The path of the itinerant electrons is governed
by HBand, describing the orbital motion of the electrons
inside the particle. This is a single-particle tight-binding
term, where the on-site energies of the Wannier orbitals
and the hopping matrix elements between two of them
are parameterized by Slater-Koster parameters [24]. In
neutral Co, we use nine orbitals - one 4s, three 4p and five
3d. Including the spin degrees of freedom, there are 18
quasiparticle orbitals per atom in our s-p-d tight-binding
model. HBand is given in second quantized form by
HBand =
∑
ij
∑
s
∑
µ1µ2
tijµ1µ2sc
†
iµ1s
cjµ2s (2)
where c† and c are the creation and annihilation oper-
ators, which operate on single-particle states labeled by
atomic site (ij) , the 9 orbitals (µ) and spin (s). For
the tijµ1µ2s we use SK parameters [24] that have been ex-
tracted from ab initio calculations for the corresponding
bulk systems.
The main purpose of this model is to realistically in-
clude the spin-orbit interaction. The exchange part of the
Hamiltonian is simplified using a mean-field approxima-
tion. We first approximateHExc including only the ferro-
magnetic exchange, by simply treating the intra-atomic
exchange for d-orbitals.
HExc = −2J
∑
i
~Sdi · ~Sdi (3)
where
~Sdi =
∑
µ∈d
~Siµ =
1
2
∑
µ∈d
∑
ss′
c†iµs~τss′ciµs′ (4)
and J is the parameter that determines the strength of
the exchange interaction. This is set to 1 eV in order to
produce an average magnetic moment per atom of the
order of 2µB, somewhat larger than bulk value, in accor-
dance with calculations [25] and experiment [8] [9] for Co
nanoclusters. ~τ is a three-vector with the Pauli matrices
as components. We now simplify the exchange interac-
tion by performing a mean-field decomposition,
~Sdi = 〈~Sdi〉+ δ~Sdi (5)
and dropping the second order fluctuation terms in δ~Sdi.
The ground state 〈~Sdi〉 is determined self-consistently.
We can now diagonalize the Hamiltonian numerically,
solving a self-consistency condition iteratively for the
mean field order parameters.
Simplifying further still, the exchange mean splitting
field is averaged over all sites, forcing all spins to change
their orientation coherently.
~hi ≡ hΩˆ =
J
gsµB
〈~Sdi〉 (6)
This procedure simplifies the anisotropy landscape, ne-
glecting non-collinear spin configurations. These can oc-
cur in nanoparticles, but for larger clusters most atoms
have the same spin orientations, effectively rendering the
system coherent. It is also possible to prepare a nanopar-
ticle so as to display simple coherent magnetization re-
versal processes [26] [16]. When inserting the bulk values
for magnetization and spin-splitting field, the mean-field
formula (6) yields the correct value of J . This serves as
a theoretical consistency check, but the motivation for
the choice of J is that it produces the experimental and
computed mean moment per atom. Selecting a different
J as input parameter, yields a different self-consistent
spin-splitting field. Below we will consider J as a phe-
nomenological parameter and we will explore how the
4magnetic properties of the cluster – in particular, the
MAE – depend on its value.
We expect the mean-field approximation (5), (6) to
work well, since we are interested only in particles sizes
in the coherent mono domain region. Achieving self-
consistency in the homogeneous average spin splitting
field ~h, allows for variations around a mean value in
charge density and atomic moments. With this simplified
model, we are able to study larger clusters, up to sizes
of 300-400 atoms, for which the homogeneous exchange
field approximation becomes increasingly accurate.
HSO is of atomic character, representing the spin-orbit
interaction [27],
HSO = ξd
∑
i
∑
µµ′
∑
ss′
〈µs|~L · ~S|µ′s′〉c†iµsciµ′s′ (7)
where the matrix elements can be explicitly calculated
as a function of the magnetization direction. ξd char-
acterizes the strength of the SO coupling, and is taken
to be 86 meV [20]. The spin-orbit coupling will cause a
dependence of total energy on the spontaneous magneti-
zation direction - the aforementioned magneto-crystalline
anisotropy. The shape of the particle is transmitted to
the magnetic anisotropy after many steps along the elec-
tron hopping paths. The last term in (1), is a local one-
body operator describing the coupling of the spin and
orbital degrees of freedom to an external magnetic field.
HZeeman = −µB
∑
iµµ′ss′
〈µs|~L+ gs~S|µ
′s′〉 ~Hextc
†
iµsciµ′s′
(8)
The simplified mean-field Hamiltonian now appears as
follows,
HMF
(
~h
)
= Hband +HSO +HZeeman (9)
+
~h · ~h
2J
(gsµB)
2
Na − 2gsµB~h
∑
i
Sdi
The self-consistent spin-splitting field ~h∗ will minimize
the expectation value of the Hamiltonian, yielding the
ground state energy, E(~h∗) = 〈HMF (~h∗)〉. By diagonal-
izing HMF we obtain a set of quasiparticle eigenenergies,
which are occupied up to the Fermi level.
This simplified model of ferromagnetic nanoparticles
has the obvious advantage of being able to treat larger
clusters, possessing a much greater computational sim-
plicity than first principles models. It will provide us
with the generic properties of ferromagnetic nanoclus-
ters, without having to resort to the much more costly
spin density functional theory. In particular, the detailed
properties of the electron hopping network will depend
on atom position relaxations within the nanoparticle. We
view the model outlined above having an appropriate
level of detail to address properties for which these re-
laxations are unimportant.
In the experiment of Ref.1 the distances between two
Cobalt atoms, which are registered to the Si substrate,
are larger than bulk Cobalt, implying that the magnitude
of the hopping parameters entering the tight-binding
model should be smaller than the bulk values. In this
paper we did not try to rescale the hopping parameters.
However, since the crucial parameter that controls the
magnetic properties of the nanoplatelets is likely to be
J/Wd – Wd being the width of the d-band – the effect
of a smaller Wd, could partly be mimicked by increas-
ing the value of J , while keeping the hopping coefficients
constant. This is one of the reasons of our interest in
studying the J dependence of the magnetic properties.
C. Perturbative analysis
A qualitative understanding of the system features
can be achieved through the use of perturbation theory.
In bulk ferromagnets, the SO interactions are relatively
weak, allowing the use of second-order perturbation the-
ory to estimate the energy shifts. If we completely turn
off the SO interaction, the eigenstates of a single-particle
Hamiltonian are rotationally invariant and of pure spin
character. Turning on the SO interaction, the degener-
acy is lifted and the new eigenfunctions are of mixed spin
character. The complete quenching of the orbital angu-
lar momentum is counteracted by the SO interaction that
when treated as a perturbation yields the second-order
correction
εSO ≡ εns−ε
(0)
ns =
ξ2d
4
∑
s′,m 6=n
|〈ψ
(0)
ms′ |
~L|ψ
(0)
ns′〉 · ~τss′ |
2
ε
(0)
ns − ε
(0)
ms′
(10)
where the superscript (0) stands for the unperturbed sin-
gle particle wavefunctions and energies, n is an eigenstate
label, s a spin label with the magnetization orientation
direction Ωˆ chosen as the quantization axis, and ~τ is a
vector containing the three Pauli matrices. The matrix
elements are most easily evaluated by transforming ~τ to
the orbital coordinate system. Unlike the infinite solid,
where only states of the same ~k that are typically sep-
arated by an energy of the order of the bandwidth Wd
are coupled, a given state in a nanoparticle is coupled to
many other orbitals by the spin-orbit interaction.
Simplifying Eq.(10) and averaging over the nine Co
orbitals, we can evaluate the typical SO energy shift as
εSO =
ξ2d
Wd
(11)
For Co, ξd = 86 meV and Wd ∼ 5 eV, yielding a typi-
cal energy shift of 1.5 meV. This formula should hold for
both bulk material and particles, provided there are no
significant correlations between angular momentum ma-
trix elements and quasiparticle energy differences. The
anisotropy energy is to a good approximation given by
a partially canceling sum of spin-orbit induced energy
5shifts depending on magnetic orientation. Because of
these cancellations, the anisotropy energy is in general
much smaller than εSO. In a finite system there is always
a perturbative coupling between quasiparticle states close
in energy in Eq. (10), but the matrix elements are dis-
tributed among many states, meaning that typical energy
shifts should be comparable to those in bulk. In general,
the anisotropies of particles are larger than those of bulk
because of the loss of symmetry at the surface which
tends to reduce cancellations.
III. NUMERICAL RESULTS
A. FCC lattice truncation
We create our nanoplatelets by simply truncating the
FCC lattice into 2 ML thick equilateral triangles, and se-
lecting their surface oriented in parallel to a given crys-
tal plane. In addition to the experimentally produced
clusters, which we identified as having a surface parallel
to the (111) plane, we also examine clusters that result
from choosing a truncation plane parallel to the (001)
crystal surface. These choices yield two different struc-
tures with different symmetries and coordination num-
bers. The number of nearest neighbors for an atom in the
interior of the particle is 8 for the (001) geometry, but 9
for the (111). This difference is reflected in the number of
next nearest neighbors, which is 4 for the (001) and 3 for
the (111) geometry. The configuration of next and near-
est neighbors will determine the active hopping matrix
elements parameterized by the Slater-Koster parameters
in the term HBand in the Hamiltonian (2), i.e. the orbital
motion of the electrons inside the nanoparticle.
Examples of structures resulting from choosing two dif-
ferent truncation planes are shown in Fig. 1. We note
that the resulting (111) geometry has a higher degree of
symmetry with a three-fold rotation axis running perpen-
dicularly through the triangle surface and three mirror
planes, whereas the (001) version only has a mirror sym-
metry across the vertical axis. These symmetries must all
be preserved in the magnetic anisotropy energy landscape
resulting from the particle. One additional symmetry will
always be present in all anisotropy landscapes, irrespec-
tive of shape or size. Due to time-reversal invariance we
will always have the inversion symmetry,
E (θ, ϕ) = E (π − θ, π + ϕ) (12)
where θ and ϕ are the spherical coordinates that define
the magnetization direction, Ωˆ. Throughout this article,
we will fix our coordinate system as in Fig. 2, with the
z-axis (θ = 0) perpendicular to the nanoplatelet surface
and the y-axis (θ = π/2, ϕ = π/2) parallel to the surface
and in one of the mirror symmetry planes of the cluster.
In addition to the above described clusters have also ex-
amined one monolayer thick clusters, obtained by simply
removing the top layer of a (111) cluster of a given size.
FIG. 1: The structure resulting from choosing two different
planes of truncation for the 2 MLs of the nanoparticle. The
left column (a) shows the effect of choosing the nanoplatelet
surface parallel to the (001) FCC crystal plane and the right
column (b) depicts the situation obtained by instead selecting
the (111) FCC crystal plane. The top row shows the FCC
unit cell with the nanoparticle atoms connected by solid lines.
In second row there is a top view of the 2 MLs selected in
the unit cells above. The dashed circles indicate the next
nearest neighbors solid circles indicate the nearest neighbors
of an atom in the interior of the nanoparticle. Finally, the
bottom row shows the resulting nanoparticle (top view and
in perspective).
B. Magnetic Moments
Fig. 3 shows the mean magnetic moment per atom for
increasing cluster size with one curve for J = 1.0, 1.5 and
2.0 eV. The increase in the mean moment with J occurs
because the system more strongly favors the alignment
of spins in the d-channel, and the spin-character of the
eigenstates becomes more well defined. This behavior is
associated with a redistribution of d-charge into the p-
and s-channels. By altering the electronic configuration
of the 3d levels and increasing the number of singly occu-
pied levels, the total energy is decreased. We will address
this issue in more detail below.
The atomic mean magnetic moment curves level out
above 100 atoms and we can extract the approximate
values for the smallest of the experimentally produced
nanoplatelets, i.e. the one consisting of roughly 225
atoms. The mean magnetic moments per atom are pre-
sented in table I. The 1 ML value corresponds to taking
6FIG. 2: We define our coordinate axis relative to the triangu-
lar nanoplatelet, with the z-axis perpendicular to the surface,
and the y-axis parallel to the surface and in a mirror symme-
try plane (unique in the case of (001)).
2 ML (111) 2 ML (001) 1 ML (111)
J = 1.0 eV 2.32µB 2.44µB 2.57µB
J = 1.5 eV 2.87µB 2.99µB 3.99µB
J = 2.0 eV 3.48µB 3.84µB 4.31µB
TABLE I: The mean magnetic moment per atom for the ∼225
atom clusters (the 1 ML cluster has 120 atoms)
the top layer off the 225 atom 2 ML (111) version, yield-
ing a cluster consisting of 120 atoms.
We can compare these values with the experimen-
tally observed value for the mean magnetic moment
µ = 2.1 ± 0.2µB [1]. Only the J = 1.0 eV setting will
produce a similar value. We nevertheless include larger
values of J in the following calculations in order to ad-
dress the physics underlying anisotropy energy trends.
Both 2 ML clusters display similar behavior, but the 1
ML (111) cluster exhibits a slight relative enhancement
of the mean magnetic moment. In the 2 ML clusters,
a second monolayer induces cancellation effects, with a
subsequent drop in the mean moment value. In general,
the number of unbalanced spins increases with the sur-
face to volume ratio of the nanoparticle. The difference
between the 2 ML (001) clusters and the 2 ML (111)
clusters can be attributed to the lower symmetry of the
(001) cluster.
C. Magnetic Anisotropy Landscapes
Magnetic anisotropy energy landscapes have been com-
puted for the three geometries described in the previous
subsection (1 and 2 ML (111) and 2 ML (001)) for in-
creasingly larger cluster sizes, up to approximately 225
atoms.
The results of these calculations reveal two major types
of anisotropy landscapes. First, we have the Quasi-Easy
Plane (QEP) which consists of a discrete number of in-
plane energy minima, corresponding to easy directions
consistent with the symmetries of the particle. These
minima are separated by very low energy barriers, thus
forming a quasi-easy plane oriented in parallel with the
FIG. 3: The atomic mean magnetic moment as a function of
cluster size for the different J and all geometries - (a) 2 ML
(111), (b) 2 ML (001) and (c) 1 ML (111). The relatively
elevated values of 1 ML (111) is associated with imbalance
effects brought on by a larger surface area. The experimen-
tal mean magnetic moment is approximately 2.1± 0.2µB [1],
which is similar to the value obtained for 2 ML clusters and
J = 1.0 eV.
surface of the nanoplatelets. The second type of observed
anisotropy landscape, corresponds to a bistable system
with two easy directions oriented perpendicularly to the
cluster surface, separated by a large blocking barrier.
We have explored the parameter space governing the
resulting anisotropy landscape keeping track of three
variables: the type of geometry, the size of the cluster
(. 225 atoms), and the value of the exchange coupling
7FIG. 4: The two typically observed anisotropy energy land-
scapes exemplified by 153 atoms of 1 ML (111). (a) shows the
Quasi-Easy Plane (QEP) solution and (b) the landscape with
Perpendicular Easy Directions (PED). These graphs show
how the energy varies with the direction of the self-consistent
spin splitting field on the unit sphere, and have been rescaled
so that the minimum energy is located at the origin and the
maximum at unity (see Eq. (13)-(15)). For clarity, the en-
ergy value has also been color coded and the individual atoms
superimposed. The colorbars on the right show the grayscale
interpolation between the maximum (top, white) and mini-
mum (bottom, black) energy in eV.
strength (J = 1.0, 1.5 and 2.0 eV). Qualitatively, we can
separate our results into two size regimes - a small clus-
ter regime consisting of 50 atoms and less, and a large
cluster regime consisting of clusters that have more than
50 atoms.
In the large cluster regime (> 50 atoms) all geometries
exhibit quasi-easy planes for J = 1.0 eV. In contrast, for
J = 1.5 and 2.0 eV all of these clusters produce land-
scapes with Perpendicular Easy Directions (PEDs). The
two typical landscapes always take an approximate form
exemplified in Fig. 4 by 153 atoms of 1 ML (111). In this
figure, the energy landscape on the unit sphere has been
renormalized according to the equations
x =
E (θ, ϕ)− Emin
Emax − Emin
sin θ cosϕ (13)
y =
E (θ, ϕ)− Emin
Emax − Emin
sin θ sinϕ (14)
z =
E (θ, ϕ)− Emin
Emax − Emin
cos θ (15)
so that at any given point the distance from the origin
corresponds to the energy value, with the minimum value
Na ≤ 50 2 ML (111) 2 ML (001) 1 ML (111)
J = 1.0 eV QEP/PED QEP QEP
J = 1.5 eV QEP/PED QEP PED
J = 2.0 eV PED PED PED
Na > 50 2 ML (111) 2 ML (001) 1 ML (111)
J = 1.0 eV QEP QEP QEP
J = 1.5 eV PED PED PED
J = 2.0 eV PED PED PED
TABLE II: Qualitative behavior of the clusters with less than
(top) and more than (bottom) 50 atoms.
located at the origin and a maximum value at a distance
of unity. θ and ϕ refer to the polar and azimuthal angle,
respectively. In addition to the rescaling, the distance
from the origin has been color coded for viewing conve-
nience - the black minima that appear in these shapes
correspond to the easy directions.
Turning to the more sensitive regime of small clusters
(≤ 50 atoms), the 1 ML (111) and the 2 ML (001) clusters
display only QEPs for J = 1.0 eV. For the same setting
of J and 2 MLs of (111), we instead find a wide range
of intermediate shapes between the QEP and PED land-
scapes. Most notably, the 2 ML (111) clusters are the
only ones capable of producing a clear bistable system
with PEDs for the original setting of J = 1.0 eV. This
behavior indicates that the 2 ML clusters generated in
the (111) plane are more prone to forming a perpendic-
ular bistable system than their (001) counterparts. The
qualitative behavior of the anisotropy landscapes in the
two different size regimes is summarized in table II. Note
QEP/PEDmeans that quasi-easy planes (QEP), perpen-
dicular easy directions (PED) and intermediate shapes
between these are observed in the small cluster regime.
No qualitative change in any of the anisotropy landscapes
can be observed for J > 2.0 eV, indicating that we have
already reached a saturation of the effect brought on by
increasing the exchange.
Traces of the symmetries of the particle resulting
from the chosen geometry are present in the associated
anisotropy landscapes with a varying degree of visibility.
The way in which the symmetry of the particle is reflected
in the anisotropy landscape is most easily identified by
considering the configuration of discrete minima in the
quasi-easy plane landscapes (see Fig. 5). These figures
show the local maxima/minima structure in the xy-plane
that coincides with the surface of the nanoplatelets.
Group theoretical considerations for the FCC lattice
geometry predict a six minima structure. Although we
break the full FCC symmetry by selecting only a few
monolayers, this six minima structure is still present in
the (111) clusters, identifiable as the easy directions par-
allel to the symmetry lines of the equilateral triangle run-
ning from the corner to the midpoint of the opposing line.
In the (001) case the symmetry is even more badly broken
and there are only two remaining minima corresponding
8FIG. 5: Examples of the discrete minima structure in the
quasi-easy planes for (a) 1 and 2 ML (111) and (b) 2 ML
(001). The black and white lines in the circle trace out the
section of the MAE landscape in the xy-plane parallel with the
cluster surface (θ = π), renormalized so that the origin cor-
responds to the energy minimum and the radius of the circle
to the (local) maximum (see Eq. (13)-(15)). The grayscale
background in the circle shows how the energy varies with
distance from the origin, with minimum energy at the origin
(black) and maximum at the circle radius (white). The nu-
merical values of the max. and min. are given at the top and
bottom of the colorbar on the right. The six- and two-fold
minima are consistent with the symmetries of the particle.
Note that the (111) in-plane barrier is significantly smaller
than that of (001).
2 ML (111) 2 ML (001) 1 ML (111)
J = 1.0 eV -0.10 meV -0.69 meV -1.02 meV
J = 1.5 eV 0.58 meV 0.49 meV 0.74 meV
J = 2.0 eV 0.02 meV 0.17 meV 0.45 meV
TABLE III: The anisotropy energies per atom corresponding
to the ∼225 atom nanoplatelets.
to in-plane easy directions parallel to the mirror sym-
metry line, running vertically through the center of the
particle. Similar symmetry effects can be seen to a lesser
extent in the perpendicular easy direction landscapes, ei-
ther as a hint of a hexagonal shape replacing the circular
rim of the torus in the case of the (111), or as a weakly
oval toroid in the (001) case.
D. Anisotropy Energies
Fig. 6 shows how the anisotropy energy per atom varies
with the number of atoms. As before, each diagram rep-
resents a different geometry, and each curve represents
a specific value of J . The anisotropy energy is defined
with a sign as the in-plane direction energy minus the
perpendicular direction energy, so that a negative value
corresponds to QEPs and a positive to PEDs. The hori-
zontal lines mark the experimental (≈ 0.4 meV) and bulk
(≈ 0.045 meV) value. Table III displays the anisotropy
energy per atom for the approximate sizes corresponding
to the smaller of the two dimensionally quantized clusters
grown (225 atoms).
We expect fluctuations in the anisotropy energy to be
large for the smaller clusters, where our mean-field treat-
ment is less accurate. It is obvious however, that the fluc-
tuations are larger for the (111) in comparison to (001).
Some fluctuations can be caused by the failure of mean
field theory, but in the 2 ML (111) case the fluctuations
persist even for relatively large clusters between 50-100
atoms. The fluctuations in this region for the 2 ML (111)
J = 1.5 eV curve, can be attributed to the phenomenon
of weakly avoided level-crossings [2], that can occur as
the model parameter space is varied - particularly for
smaller clusters.
We note that the ordering of the absolute magnitude
of the energies with respect to J, is not the same for the
different geometries. For 2 ML (001) and 1 ML (111) the
anisotropy energy magnitude follows a generally decreas-
ing trend with increasing J . In the case of 2 ML (111) the
J = 1.5 eV curve starts to climb rather steeply and over-
takes the J = 1.0 eV magnitude around 100 atoms. For a
given cluster size, perturbation theory predicts that the
magnitude of the anisotropy energy will initially increase
as a function of small J , and decrease asymptotically for
large J . The turning point of the anisotropy magnitude
as a function of the exchange strength will be different for
the different geometries, which explains the different or-
dering of the magnitudes in figure 6. In figure 7 we have
mapped out the exchange strength versus anisotropy en-
ergy in order clarify this difference between the (001) and
the (111) geometries.
IV. DEPENDENCE OF QUASIPARTICLE
SPECTRUM ON EXCHANGE COUPLING
In order to shed light on the overall magnetic behavior
of the nanoplatelets described above, in this section we
study the properties of the underlying quasiparticles and
how they depend on the exchange coupling J .
A. Quasi-particle energy levels and eigenstates
We start by looking at the “band structure” for three
different values of J . In Fig. 8 the quasiparticle energies
9FIG. 6: The anisotropy energy per atom as a function of
cluster size for different J and the three different geometries
- (a) 2 ML (111) , (b) 2 ML (001) and (c) 1 ML (111). Each
curve represents a different value of the exchange coupling.
A negative sign indicates QEPs and a positive PEDs. Some
fluctuations are to be expected, particularly for the smallest
clusters, where the mean-field treatment is not so accurate. 1
ML (111) displays a generally higher anisotropy energy due
to larger unbalanced spin populations.
are plotted as a function of eigenvalue index up to Fermi
level for 225 atoms of 2 ML (111). The behavior for the
three systems considered so far– 2 ML (111), 2 ML (001)
and 1 ML (111)– is qualitatively similar. The spectrum is
characterized by a low-energy part that increases linearly
with the eigenvalue index and extends up to roughly mid
spectrum where there is a shoulder that becomes more
pronounced with increasing J . As we show below, the
FIG. 7: The anisotropy energy as a function of J for ∼ 140
atom clusters of 2 ML (001) and (111) reveals a curve that
roughly agrees with what one might expect from perturbation
theory. The transition from QEP to PED (minus to plus)
occurs for smaller J in the case of the (111) cluster, indicating
a bias toward PED for this geometry.
FIG. 8: The eigenenergies of all occupied levels for 225 atoms
of 2 ML (111). The spin-aligned region (below the curve dis-
continuity) of pure d-character lowers the total energy via the
exchange term. This is at the cost of a rise in the total energy
due to the higher, mixed states. The resulting total energy is
minimized by balancing the energy cost and gain associated
with these two regions. All geometries display a similar linear
low energy region and a discontinuous mid-spectrum leap.
low-energy states are majority-spin states of predominant
d-character. From the figure we can see that increasing
J simply causes a rigid down-shift of this part of the
spectrum, while the width of the spectrum about the
shoulder increases considerably.
In order to determine the orbital mixing of the eigen-
levels, we can project out the s, p and d characters using
the associated projection operator.
Pℓ =
∑
i
∑
s
∑
µℓ
|i, µℓ, s〉〈i, µℓ, s| (16)
where ℓ = s, p, d and the projection operators fulfill the
sum rule
∑
Pℓ = Ps + Pp + Pd = 1 (17)
The result of this operation is shown in figure 9 for 225
atoms of 2 ML (111), where the three orbital channels
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FIG. 9: The orbital character of the occupied eigenlevels for a 225 atom 2 ML (111) cluster. Each column shows the respective
ℓ-channel obtained by applying the associated projection operator as defined in Eq. (16), and each row refers to a different
value of the exchange coupling. Increasing J prompts the formation of a virtually pure d-character region covering the lower
half of the eigenspectrum, and the levels with high s- and p-level mixing are focused on the upper half of the spectrum. Note
that the high d-mixing returns just below the Fermi surface. The other geometries display a qualitatively similar evolution of
the orbital character mixing pattern with increasing J .
FIG. 10: The total percentage of ℓ-charge for the representative clusters. Orbital character changes such that the s- and
p-channels become more populated at the expense of the d-channel with increasing J .
have been separated. At J = 1.0 eV, the mixing is fairly
homogeneous over the range of eigenlevels, with an over-
shadowing total percentage of d-character, as is expected
for Co. Remarkably, as J is increased, redistribution of
charge results in a configuration where roughly all lev-
els in the lower half of the spectrum obtain a pure d-
character. Above this eigenlevel, two distinct lines of
mixing can be observed. The first one skims the bottom
of the d-channel and represents levels with a very low
d-character mixing. Secondly, there is a line of mixing
representing the other half of the eigenlevels in the upper
region, telling us that they obtain an increasing mixture
of d with the eigenenergy, such that at the Fermi surface,
the character is almost 100% d again.
Increasing J , the s-charge vacates the lower region,
making way for the d-charge and lodges mostly in a nar-
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row region above the pure d-levels. The p-charge exhibits
a similar evolution pattern, but ends up with a maximum
in the center of the upper half of the spectrum. The
other geometries - 1 ML (111) and 2 ML (001) - display
a qualitatively similar behavior when projecting out the
different channels.
Fig. 10 shows the total percentages of ℓ-charge in the
nanoparticle. By inspection, we see that the above de-
scribed segregation of orbital character of the eigenlevels
with the energy, is associated with a general funneling of
d-charge mainly into the more energetic p-levels, but we
also find a smaller percentage going into the s-channel.
Comparing the 2 ML (001) and 2 ML (111) curves, we
see that the redistribution when J is increased is more
pronounced for the (001) symmetry.
B. Quasi-particle spin
We next discuss the J-dependence of the spin charac-
ter of the quasi-particle states. It is useful to define our
axis relative to the triangular nanoplatelet as in figure
2, with the z-axis perpendicular to the surface, and the
y-axis parallel to the nanoplatelet surface and one of the
triangles symmetry lines. In Fig. 11 we plot the quasi-
particle expectation values 〈n|Si|n〉 of the component of
the spin operator Si in the direction of the magnetiza-
tion, that is, along the y-axis for for J = 1.0 eV and
along the z-axis for J = 1.5 eV and 2.0 eV. We have
verified that the expectation value of the component of
the spin operator in other directions is negligible. The
numerical results shown here are for the 225 atom 2 ML
(111) system. The other two geometries considered dis-
play a very similar trend. As anticipated in the previ-
ous section, when we discussed the energy spectrum in
Fig. 8, for J = 1.0 eV the low-energy states up to the en-
ergy shoulder correspond to (predominant) majority-spin
states; above the shoulder, at the top of the majority-spin
band, the minority-spin band starts. For J = 1.0 eV
there are however several states whose spin is not well-
defined. When J increases to 1.5 and 2.0 eV, most of the
states acquire a well-defined spin character and there is
a conversion of minority-spin states into majority spins
leading to an increase of the net spin magnetic moment
(see Fig. 3). As we can see in Fig. 9, the change in spin
character is also accompanied by a change in orbital char-
acter, in which the d-states are redistributed into the p-
and s-channels. Nevertheless the Fermi levels still lies
among states of predominant d-character. For J = 1.5
and 2.0 eV the majority- and minority-spin bands over-
lap. The shoulder seen in Fig. 8 occurs at the bottom
of the minority-spin band. For J = 2.0 eV the majority-
spin density of states at the Fermi level is not zero but
much smaller than the minority-spin density of states.
C. Quasi-particle anisotropy energies
The quasi-particle anisotropies are obtained by tak-
ing the difference between the eigenenergies of level i in
the hard and easy direction. Table IV displays the stan-
dard deviations of the distributions for the three different
clusters. Typically, the width of the distribution is be-
tween one to two order of magnitude larger than the mean
value, indicating that the resulting sum of anisotropies
has large cancellations and that individual levels may
shift the value of the total anisotropy.
In Fig. 12 we plot the cumulative sum of individual
quasi-particle anisotropy energies, i.e.
C(Ne) =
Ne∑
n=1
[εn(yˆ)− εn(zˆ)] , (18)
where we sum over an increasing total number of occu-
pied quasiparticle states Ne, and display the result as a
function of the “band filling”, that is, Ne divided by the
number of atoms NA. The vertical line at Ne/NA = 9
corresponds to the cobalt band filling. The result reveals
large and rapidly varying fluctuations of C(Ne) as a func-
tion of the band filling. This supports the idea that the
total anisotropy energy is given to a good approximation
by a partially canceling sum of quasiparticle anisotropies,
and that only a fraction of states below the Fermi level is
responsible for the overall anisotropy-energy characteris-
tics of the system [2]. For the particular case of the 2 ML
(111) shown in the figure, we can see that the cumulative
density at cobalt band filling as a function of J experi-
ences a sharp maximum in the vicinity of J = 1.5 eV,
which accounts for the behavior of the total anisotropy
energy displayed in Fig. 6. Similar sharp patterns are
present in the cumulative sum for clusters resulting from
the other geometries.
Fig. 13 shows the contribution to the total anisotropy
energy (with sign) coming from each ℓ-channel for the
2 ML geometries. This orbital character filtering of the
single-quasiparticle levels has been calculated using the
equation
Aℓ ≡
N∑
n=1
[ 〈n (xˆ) |Pℓ|n (xˆ)〉εn (xˆ)
−〈n (zˆ) |Pℓ|n (zˆ)〉εn (zˆ) ] (19)
where εn(yˆ) & εn(zˆ) are the single particle eigenenergies
for eigenstates |n(yˆ)〉 & |n(zˆ)〉, corresponding to the solu-
tions with the field constant ~h oriented in parallel to the y
and z-axis respectively (see figure 2). In this way, we ob-
tain a measure of the total contribution to the anisotropy
energy coming from the electrons of orbital character ℓ.
From Fig. 13 we can see that in general the major con-
tribution to the anisotropy energy comes from states of d-
character, which tend to favor perpendicular anisotropy
(note however that for small clusters, d-states can have
in plane anisotropy). States of s character contribute lit-
tle except for very small clusters. States of p-character
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FIG. 11: The single-particle expectation value of the spin component along the easy axis (the direction of the nanoparticle
magnetization). The spin character of the quasi-particle states becomes more well defined with increasing J . These results are
for a 225 atom 2 ML (111) nanoplatelet. The other geometries display very similar evolution patterns with increasing J.
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FIG. 12: Plot of the cumulative sum of single quasiparticle
anisotropies (see Eq. 18) for 225 atoms of 2 ML (111) as a
function of the “band filling” Ne/NA, where Ne is the total
number of occupied quasiparticle states andNA is the number
of atoms. The vertical lines mark the band filling for cobalt.
The three panels refer to: (a) J = 1.0 eV, (b) J = 1.5 eV,
and (c) J = 2.0 eV respectively.
System J [eV] Type σ [meV]
225 atoms of 1.0 QEP 1.31
2 ML (111) 1.5 PED 2.47
2.0 PED 2.07
220 atoms of 1.0 QEP 2.61
2 ML (001) 1.5 PED 1.93
2.0 PED 1.70
120 atoms of 1.0 QEP 5.35
1 ML (111) 1.5 PED 4.52
2.0 PED 4.11
TABLE IV: Standard deviations for the distributions of
single-level anisotropies as a function of increasing J .
mostly favor in-plane anisotropy and their relative con-
tribution can be non-negligible. This trend is consistent
with the fact that, as shown in Fig. 9, a few eigenstates
around the Fermi level have strong p character when
J ≥ 1.5 eV, but the anisotropy is still dominated by
the most numerous d-character states.
D. Orbital contribution to the magnetic moment
Finally, we consider the J-dependence of the quasi-
particle orbital moments, defined as the expectation
value of the orbital angular momentum L with respect to
the quasi-particle states |n〉. The matrix elements con-
tain the normal local part of the orbital angular momen-
tum, but also the non-local part originating from delo-
calized electrons under the influence of the spin-splitting
field [28].
In the absence of SO interactions the orbital moment
is quenched. When SO is present the orbital moments
are non-zero and are believed to play a crucial role in
the magnetic properties of magnetic nanostructures. For
our magnetic nanoplatelets we find that: (i) the orbital
moment is larger than the bulk value and contributes
significantly to the total magnetic moment of the system;
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FIG. 13: The contribution to the anisotropy from each ℓ-
channel as a function of cluster size for the 2 ML (111) geom-
etry.
(ii) the orbital moment is strongly anisotropic and its
direction essentially coincides with the direction of the
spin moment; (iii) its magnitude decreases as a function
of J .
We are interested in the distribution of quasiparti-
cle orbital contributions to the magnetic moment com-
ing from all occupied eigenlevels computed when the
spin-splitting field is chosen in the direction of the self-
consistent solution. We compute expectation values in
these states of the out-of-plane component Lz and the
in-plane-component Ly. Note that for J = 1.0 eV, when
the magnetization is in the xy-plane, the y-axis corre-
sponds to one of the discrete minima for the total energy
(see Figs. 5 and 2) and we choose this direction for the
self-consistent field.
For the quasi-in-plane J = 1.0 eV solution, we find
that there are sizable distributions in both y and z di-
rections. Note that the x-component (not shown here)
is negligibly small (≤ 10−10). Looking closely at the fea-
tures of these distributions by means of Tab.V, we can
see that the width of z-component is seven times wider
than the y-component. However, the z-component is very
symmetric around zero. Therefore the resulting average
value is small 〈Ly〉 ≈ 0.007µB. In contrast, the distri-
System J [eV] 〈Lz〉 〈Ly〉 σz σy
225 atoms of 1.0 -0.007 0.20 0.76 0.11
2 ML (111) 1.5 0.18 -0.006 1.53 0.05
2.0 0.08 -0.002 1.94 0.06
220 atoms of 1.0 0.003 0.25 0.24 0.13
2 ML (001) 1.5 0.26 0.001 0.29 0.05
2.0 0.09 < 10−5 0.28 0.05
120 atoms of 1.0 -0.007 0.27 0.98 0.16
1 ML (111) 1.5 0.09 -0.003 2.15 0.07
2.0 0.04 -0.001 2.78 0.08
TABLE V: Statistics for the orbital matrix elements in units
of µB . Column 3 & 4 display the atomic mean orbital moment
and the last two columns the standard deviation for the dis-
tribution of all eigenlevels. Large contributions to the matrix
elements come only from the components along the easy-axis.
bution of the y-component is skewed around zero and its
average is not small, 〈Lz〉 = 0.20µB. This value corre-
sponds to an orbital moment = 0.20µB, larger than the
cobalt bulk orbital moment 0.14µB per atom[29]. As J is
increased to 1.5 eV, the magnetization direction switches
from in-plane to out-of-plane. The distribution of the
z-component widens whereas the y-component narrows.
Furthermore, it is now the average orbital moment in the
z-direction that is the dominant one (〈Lz〉 = 0.18µB >>
〈Ly〉 = 0.006µB), although slightly smaller than the y-
contribution of the J = 1.0 eV case. When J is further
increased to 2 eV, both 〈Lz〉 and 〈Ly〉 = 0.006µB de-
crease. and become even smaller than the bulk value.
The behavior for the the other two types of clusters is
qualitatively similar.
Since the the orbital magnetic moment is strongly
anisotropic and it is large when the total magnetic
anisotropy is large, we can try to connect these two quan-
tities. We follow Bruno’s perturbative argument and we
write [27]
Eani = E(zˆ)− E(yˆ) = −
1
2
ξ(J)
2µB
(mzL −m
y
L) , (20)
where mz,yL = µB〈Lz,y〉. For ferromagnetic transition-
metal monolayers, this relationship is approximately sat-
isfied when ξ ≈ ξSO [27]. In our case the ξ is not directly
related to ξSO; it is smaller and depends weakly on J .
Notice however that ξ(J) is positive and Eq. 20 captures
the connection between the anisotropic character of the
orbital moment and the sign of the anisotropy energy as
a function of J .
V. DISCUSSION
We have undertaken a theoretical study of magnetic
anisotropy in small magnetic nanoparticles that is moti-
vated in part by an experimental study of 2 ML thick Co
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nanoplatelets grown by M.H. Pan et Al [1]. Our study
is based on a tight-binding model with short range ex-
change and atomic SO-interactions. Experimentally, the
clusters are found to possess very high anisotropy en-
ergy per atom, approximately one order of magnitude
larger than bulk value, with perpendicular easy direc-
tions (PED).
In addition to the experimental clusters, identified as
having an FCC structure truncated in parallel to the
(111) crystal plane and a modified lattice constant ap-
proximately equal to that of Si, we have studied the clus-
ters resulting from instead choosing the plane of trunca-
tion in parallel to to (001) crystal plane. We found that
the clusters with (111) geometry are more prone to form-
ing magnetic anisotropy energy landscapes with perpen-
dicular easy directions, an effect that can be traced to
the difference in coordination number between the (111)
and (001) geometries.
In our study the model parameter that influences the
shape of the anisotropy landscape the most is found to be
the intra-atomic d-electron exchange coupling strength,
J . When J is set close to a value which reproduce the ex-
perimentally observed mean magnetic moment, all trun-
cation schemes result in quasi-easy planes (QEP) for clus-
ters larger than 50 atoms. For clusters smaller than this,
only the 2 ML (111) geometry is capable of producing
a clear bistable system, indicating a bias to PEDs for
this symmetry. As J is increased to 1.5 eV and 2.0 eV
all three geometries display PEDs, and the anisotropy
energy per atom tends to decrease as the exchange is in-
creased above the PED threshold value, identified as 1.5
eV. For J = 1.5 eV and 2 ML of (111) we find both PEDs
and a very high MAE per atom, in accordance with the
experimental findings. Values of J > 1.5 eV were consid-
ered here to investigate trends of the magnetic properties
in the asymptotic regime of large exchange coupling, al-
beit they are should not be regarded as physical.
Our simple model is able to produce the approximate
scale of the MAE in very anisotropically shaped nanopar-
ticles, to provide a sense of its dependence on electronic
structure details, and an indication of its complex de-
pendence on band-filling, exchange interactions strength,
and other electronic structure parameters. Moreover,
the model shows that the orbital magnetic moment is
strongly anisotropic with a magnitude greater than bulk,
and its behavior as a function of the model parameters
reflects the behavior of the MAE. Nevertheless, when the
phenomenological exchange constant of the model is cho-
sen to reproduce the magnitude of the magnetization per
atom, the anisotropy is underestimated and the sense
of the anisotropy does not agree with the experiment of
Ref. 1. Among the effects which we have neglected that
could account for this discrepancy, two obvious possibil-
ities are lattice-matching strains in the nanoparticle and
hybridization between nanoparticle substrate. In our cal-
culations we have simply truncated the Co FCC structure
with the normal Co lattice constant and used bulk values
for the tight-binding model hopping parameters. The Co
nanoparticles that motivated this study are in all like-
lihood registered epitaxially to the substrate, stretching
the inter-atom distances in the platelet plain and perhaps
reducing the inter-atom distance between the two planes.
These altered atom-atom distances will alter the hopping
parameters in a way that is likely described at least ap-
proximately by bulk scaling properties[30]. This addi-
tional anisotropy should likely be mainly uniaxial and
could easily change the sense of the MAE. Hybridiza-
tion with the substrate, corrugation of the surface, and
inter-cluster magnetic dipole interaction are all sources
of MAE neglected in our model. However, experimental
results indicate that the effect of hybridization with Si is
strongly diminished by introducing the 0.5 ML Al spacer
layer. In addition, it can be seen that the effect of corru-
gation of the surface is minimal, by direct inspection of
the STM-extracted Co cluster height curve. As long as
the inter-cluster distance is sufficiently large (which it ap-
pears to be), we can most likely neglect the inter-cluster
magnetic dipole interaction.
Our calculations suggest an alternative surface-physics
based strategy for creating strongly anisotropic magnetic
nanoparticles, namely the growth of Co clusters on a
(001) Si surface covered with 0.5 ML of Al. To the best of
our knowledge, such an attempt has not yet been made.
Recent results [31] indicate that the 0.5 ML of Al will
form dimers oriented parallel to the dimer ridges formed
by the Si. Of course, the Si (001) surface is not homoge-
neous, but consists of domains of oriented dimer ridges,
highly dependent on the annealing process. By tuning
the Al deposition rate, it should be possible to obtain a
substrate surface that is suitable for the growth of Co
squares or rectangles. If this Co structure turns out to
form a 2 ML (001) cluster, then that would result in a
system with an anisotropy energy higher than the one for
nanoplatelets grown on a (111) surface.
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